APXH 1HS SEAIAAS - T HMEPHXIQN

ITANEAAHNIEX EEETAXEIX

HMEPHZXIQN KAI EXIIEPINQN EITATTEAMATIKQN AYKEIQN

(OMAAA A")

KAI MAGHMATQN EIAIKOTHTAX
EINATTEAMATIKQN AYKEIQN (OMAAA B)
IEMIITH 23 MAIOY 2013
EEETAZOMENO MAGHMA: MAOHMATIKA I

HMEPHXIA
LYNOAO ZEAIAQN: IIENTE (5)

OEMA A

Al. 'Eoto ovveyng ovvdoptnon f:o,B]>R ue mapdyovoa
ovvaptnon F. Tiu ovoudletatr oplouévo ohorANowuao tnme
ovvaptnonc f amd 1o a €wg to f;

A2,

Movdaodec 6

Na yapaxtnoloete T mEOTAOELS 7OV axolovBovv,
YoAd@ovTag O0TOo TETEAOLO oag, OimAa oTo YOoAuuo mTOU
QAVTLOTOLYEL Ot ®ABe mpdtaomn, ™ AEEN Xmoto, av 1
mpotaon givar owoty | TN AEEN AdOog, av n wpdTtaoN
elvalr AavBaouévn.

a) Eav n tiunq tov ovvrteleoty petaPiAntotnrac elval

B)

Y)

®nadtw T0ov 10%, o m@AnBvoudc TOov OElyuaTog
BewpeltaL ouoLoyevic.

(Mov. 2)
Edv ov ovvaptioeic f,g:A—>R elval Tapaywyloluneg
oto medio opiopov Tovg, we g(x)#0, tdTE LOYVEL:

(gj (x) = F(x)-9(x) ~f(x)g'(x)

9°(x)
(Mov. 2)

E4av wia ovvdptnom f Oev elvar ovveyxyng oe €va
onueto Xy TOv WeEO(OV o0pLOMOV TNG, TOTE ElVAL
TAQAYWYIOLUN OTO Xy.

(Mov. 2)

TEAOX 1HX AIIO 5 XEAIAEX




A3.

APXH 2HS SEAIAAS - T HMEPHXIQN

eB‘i‘l eOH—l

0) loyver dtu IEEXdX:B—Fl_OH—l

ue a#=-1nav B=-1

(Mov. 2)

g) Aivovtal ol ovvaptioewg f,g ovveyeic oto [a,pf]. Av
f(x)=g(x) yio »a0e xelo,p], T61E ISf(X) dXZng(X) dx.

(Mov. 2)
Movaodeg 10

Na uetagépete o010 TETEAOLO 0OOC TIC TOQOAXRATM
LOGTNTEC XOL VO TLC CUUTTANQWOETE:
B
a)janux dx=...
(Mov. 3)

B) Av n ovvdptnon f elvalr mapaywytowun oto R »at ¢
uta otaBepd, toétE:

(c-f)(x)=...
(Mov. 3)
) Av aeR* ®at x>0, TOTE:
(x“)’= ...
(Mov. 3)
Movdaodec 9

O®OEMA B

Atvetor  ovvaptnon f:(0,+0) >R ne timo:

r

a’X+Inx, av 0<x<lkaltaeR

f(Xx) =+
x% =X

| VX+3-2

y v X>1

TEAOX 2HY AIIO 5 YXEAIAEX




APXH 3HS SEAIAAS - T HMEPHXIQN

Bl. Nafosite to  lim f(x).
X1
Movaodeg 7
B2. Na de(Eete 611 )l(ll)nr f(x)=4.
Movadaodeg 10
B3. Noa Poeite yio moleg timwéc t1ov aeR n ovvaptnon f eivat
OVVEYNS O0TO Xo=1.
Movdaodec 8
OEMA T

2TOV TaQAXATW mwivaroa mapovoldloviar ol urocbol tTwv
vtoaAMAov niog etatpelac (oe eratovtddeg €):

I'l.

I'2.

I'3.

MuoB6¢ ZuyvoTnTa ZYETINN
(exatovtddec €) | (apBudc vraAMjAwy) | cvyvéTyTo XV

X Vi fl%
6 25
10 17
15 6
20 2

ZUvvoha V=... 100

No uetapépete 0To TETEAOLO OUC TOV TOQATAV® TIVARO,
ZOL VO TOV OVUTTANQWOETE.
Movdaodeg 5

Na vmoloytoete 1t wéom Twwy X TV ULoBOV TOV
VTAAAGA V.

Movdaodeg 5

TiL 1000016 VROAANA®OV €xovy noBé to moAv 1000 €;

Movaodeg 7

TEAOX 3H> AIIO 5 XEAIAEX




APXH 4H3 SEAIAAS - T HMEPHXIQN

I'4. Na vmoloyicete tn dwoxdpavon s® twv pobdv Tov
VTAAAALYV TNC ETALOEOC.
Movadec 8
OEMA A
Alvetor n ovvdptnon f(X)=(x-2)°(x+a), xeR, aeR.
Al. No amodetEete 0tL | Tapdywyoc Tng ovvaptnong f eivat
f'(x)=(x-2)(3x+20.—2), xeR.
Movadeg 5
A2. Noa Poeite Tov aptBud a, av n cvvdpotnon f tapovoldlel
arEOTATO 0TO X(=4.
Movadeg 5
A3. Tw a=-5, va peletnoete ™y ovvaptnon f wg mpog 1
wovotovia xatr va Pfoeite To €(00C %UL TILC TLUESC TV
AXQOTATWV.
Movdaodec 8
A4. Alvovtor ot ovvoptioeic g(x)=3x*12x, XxeR =xat
h(x)=6x-24, XeR. Na Ppeite 1o eufaddv tov ympiov Q,
TOV TWEQLRAEIETAUL AMO TLS YOUPLXEC TOAQAOCTAOELS TV
ovvopTioemyv g(x) xat h(x).
Movdaodeg 7
OAHTI'IEX I'TA TOYX EEETAZOMENOYX
1. =10 1810010 VO YOAWPETE NGVOV T TEOXATAQRTIXG (NueQoUnVvia,

g€etalduevo uddOnua). No unv _avriyodyere to Oduato OTO
TETOAOLO.

No yo4Wete TO OVOUATEM®OVUUO OCC OTO TAVWD WEQOS TWV
POTOAVILYOApWY  auéome UoAlc  oag  mapadoBovv. Aegv

EMTOERETAL VO YOAWETE %ould AGAAn onuetwon. Katd v

TEAOX 4H> AIIO S YEAIAEX




APXH 5HS SEAIAAS - T HMEPHXIQN

QTOYWENON OOC VO TOQOOWOETE UOCE UE TO TETEAOLO %Ol T
POTOAVTIYQUQOL.

No amavtioeTe 010 TETEAOL0 005 0 OAM Ta Oduata.

Na yoaWeTe TIC ATAVINOELS O0C WOVOV UE WITAE 1} WOVOV UE LAVQO
OTVAO aveEiTNAng ueldvng.

Kda0e amdvinom texunotmuévn eTLOTNUOVIXA EIVOL ATTOOEXTY.
Avdoxera  eE€taone toelc (3) dpec uetd Tty dwovoun TwV
POTOAVILYQAPWV.

Xp0ovog dvvatig amoywoenons 10.00 sw.u.

KAAH EIIITYXIA
TEAOX MHNYMATOX

TEAOX SHY AIIO S XEAIAEX




APXH 1H> SEAIAAY

ITANEAAAAIKEYX EEETAXEIX

HMEPHZXIQN KAI EXIIEPINQN EITATTEAMATIKQN AYKEIQN

(OMAAA A)

KAI MAGHMATQN EIAIKOTHTAX
EINATTEAMATIKQN AYKEIQN (OMAAA B)
IMEMIITH 23 MAIOY 2013
EEETAZOMENO MAGHMA: MAGHMATIKA I

EXIIEPINA
LYNOAO ZEAIAQN: TEZEEPIZ (4)

OEMA A

Al.

A2,

Ailvetar n ovvdptnon ffA—->R (A< R) »aw xg€ A. Na
dwoete TOV 0pLOUG THS CVVEYELOC TG ovvapTnone f oto
X0

Movadeg 6
Na yoapaxntnploete TIC TEOTAOELSL TOV axoAovOBouv
vodgovtag 0To TeETEAOLO oag, dimla oto yoduuo moOv
AVTILOTOLYEL O€ ®ABe mpdtaomn, ™ A€EN Xmoto, av 1
mootaon e€ivar cwoty N ™ A€EN AdBog, av n mpdtaon
eivatr Aavlaouévn.

a) H uéon tiun enxnoedletal amd TIC axpaies Tiuég ®ol
eCapTdtol amd dhec Tic TLnéc Tnc netafintic. (Mov. 2)

B) Emwtpatovoa tiumq umiag wetaPAntic ovoudletalr 1

TLWH WE TN ULXQOOTEQN OVYVOTNTA. (Mov. 2)

'Y) Av lm f(X)=£1, lim g(X)=€2 Ue Kl, 52 ceR not gz * O,
X—X, X—>Xg
: /

téte: lim 1) = 1 (Mov. 2)
X=X gx) 4

0) Av ula ovvaptnon f elvar cvveyne oe €va onueito Xy
TOV TEO(OV 0QLOUOV TNG, TOTE amapaitnta Ba elval rat
TOQAYWYIOLWN 0TO oNuelo avtd. (Mov. 2)

e) 'Eotw ovvdptnon f ovveync oto [a,p]. Tédte woyver
j“ f(x) dx = 0. (Mov. 2)
(08

Movaodec 10

TEAOX 1HX AIIO 4 XEAIAE>




APXH 2H> SEAIAAY

A3. No peta@épete %ol VO CUUTANQMOETE OTO TETPAOLO OO TIS
TOQAXATW LOOTNTES:

a) (e) = .. (Mov. 3)
B) (Inx) =.., émwov x>0 (Mowv. 3)
p
v) IQOUVX dx =... (Mo\/, 3)
Movdaodec 9
®EMA B
Atveton  ovvdptmon f: R > R we tvmo:
2x> —ox+p, x < 3 vea,eR
f(x) =
2
w’ X>3
X -3

B1. Na Poeite 1o lim  f(x).

x—3

Movaodec 10
B2. Na foeite to lim f(x).

x—>3~
Movdaodeg 5

B3. Na fosite ta a, B, dote f(0)=5 nwar n ovvdptnon f va eivat
OVVEYNS OTO Xo=3.

Movaodeg 10
OEMAT

2e €va O0QELWVO YWELO UETONOMXRE M  UEYUAVTEQN MUEQONOLL,
Ogouoxpaocio yioo oxtdd (8) ovveyeic muéoec. Ov Twmée TV
0EQUOXQUOLMV TTOV RATAYQOAPNHAY E(VOL OL TAQARATW:

1,975 11,a, 1, -1

TEAOX 2H> AIIO 4 SEAIAE>




APXH 3H> SEAIAAY

I'l. Av n uéon Tiun TOV TOUQATAV®D TIUDOV TWV BEQUORQATLNOV
glval X =5, vo vtohoyioete Tov mooyuativd aolbud a.
Movadeg 5

I'2."a a=7, va vwtoAoyioete T OLAUECO %ROL TO €VQOC TWYV
TOAQATAVD TIUDV TWV BEQUORQATLMV.

Movdaodec 8

I'3.Tva a=7, va vTtoAOY(OETE TN OLAXVUAVOTN XOL TNV TUTLKRT
ATO%UALON TOV TOQATAV®D TLUOV TV BEQUORQAOTLADV.

Movaodec 8

I'4.T'va a=7, va. vTOALOYIOETE TO CUVTEAEOTNH UETAPANTOTNTOC
(CV) nav va eEetdoere av 10 mapoamdvm deiyua
BepuorpaoL®V elval OLoLOYEVEC.

Movaodec 4

OEMA A
Alvetar m ovvaptnon f: R > R pe timo:
f(x) = x°-3x+K, K€ R.

Al. Na PpeBel 10 K, dOoTE M YOOUPLXY] TAQAOTAON TNG
ovvaptnone f va diépyetar and to onueio A(-1,5).
Movdadeg 5

A2. Av K=3, va LEAETNOETE TN wovotovia xat vo Ppoeite ta
TOmMILRA axpdTaTe TNG ovvdptnong f.

Movaodec 8
. _f(x)
A3. Na Bpoebel to dpLo Qm1_ "
Movadeg 7
3 "
A4. Na vrohoyloete 1o ohornAfomua L f (x) dx.
Movadeg 5

TEAO2X 3H> AIIO 4 XEAIAE>




)

APXH 4H> SEAIAAY

OAHT'IEX I'TA TOYX EEETAZOMENOYX

2TO0 TETEAOLO VO YOAWYETE UOVOV TO TOORATAQATLRA
(nuegounvia, eEstalouevo nddnua).Na unv avriyodyete
Ta Oéuata oto TETPAOLO.

No yodWYete TO OVOUATETDOVVUSG OOC OTO TAVD UEQOSC TWV
POWTOAVILYQAP®WY, auéomc UoAlg oac mapadoBovv. Aegv
EMLTOEMETAL VO YOOWETE ®aULA AAAN onuetwon. Katd tnv
QATOYWENON OO VO TAQAOMOETE WALE WE TO TETPAOLO %L
TO QWTOAVTIYQQ Q.

No amaviioete 010 TETPd016 0ag o€ 6Aa Tt Béuata.

Noa yoGyete TIC ATAVINOELS OUC HOVOY HE UTXAE | H6vov
LE naVvEo 0TVAO aveElTNANG nerddvne.

KaBe oamdvinon TerunQLOUEvVn] ETLOTNUOVIXGE  ELVAL
amodenT.

Arvdonrera eEétaong toelg (3) doec uetd tn Stoavoun Twv
POTOAVTLYQAQPMV.

Xpo6vog dvvatng armoydenons: 10.00 m.u.

KAAH EINITYXIA

TEAOX MHNYMATOX

TEAOX 4H> AIIO 4 SEAIAE>




